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For each labelled tree T , let |Aut(T )| be the number of automorphisms T has. Let µn = 1
nn−2

∑
T

|Aut(T )| be the expected

order of the automorphism group for uniform random labelled trees on [n]. It is well known that there is a constant

ρ1 > 1 such that, for all sufficiently large n,

ρ
n(1−ε)
1 < µn < ρ

n(1+ε)
1 .

We have proved that there is a strictly smaller constant ρ0 such that, with asymptotic probability one,

ρ
n(1−ε)
0 < |Aut(T )| < ρ

n(1+ε)
0 .

Thus most trees have an automorphism group that is much smaller than the average order: if Pn is the uniform probability

measure in the set of all nn−2 labelled trees on [n], then there is a constant δ > 0 such that

Pn
(
|Aut(T )| > µn

(1 + δ)n

)
= o(1).

An asymptotic formula for E(log |Aut(T )|) is proved, and we conjecture that |Aut(T )| is asymptotically lognormal. (Received

September 04, 2011)
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