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For every knot or link with hyperbolic complement, each cusp of the complement has a geometric shape given by the
Euclidean similarity class of structures on horoball neighborhoods of the cusp. We give estimates on the geometric shapes
of cusps of “complicated” links using only combinatorial information on a diagram of the link, namely, the number of
twists and twist regions in a prime, twist-reduced diagram of the link. We use this to show that there are numbers N and
M so that any hyperbolic knot having at least N twists in each of M twist regions has the property that every non-trivial
Dehn filling is hyperbolic. (Received August 29, 2004)



